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Given a Cantor minimal dynamical system (X,T ), the topological full
group [[T ]] consists of all homeomorphisms of X that locally act as pow-
ers of T . These groups can be viewed as generalized symmetric groups on
the continuous orbit equivalence relation of (X,T ). A series of works by
Giordano-Putnam-Skau, Matui, Medynets, Nekrashevych, and others have
demonstrated that the algebraic structure of topological full groups com-
pletely determines the orbit structure of the underlying systems. This natu-
rally leads to the question of whether the structure of invariant measures, an
invariant of orbit equivalence, is similarly reflected in the full group’s alge-
braic properties.In this talk, we present joint work with Artem Dudko (IM-
PAN) on the classification of characters of topological full groups of Cantor
minimal systems. We establish that every extreme character of the commu-
tator subgroup of [[T ]] is of the form µ(Fix(g)), where µ is an ergodic product
measure on Xn, thereby confirming Vershik’s conjecture for the class of full
groups. As a consequence, we show that prime indecomposable characters
are in one-to-one correspondence with ergodic measures.
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